The Dixmier conjecture asserts in particular that every endomorphism of the first Weyl algebra A1(C) is an automorphism. In this talk, we study a quantum analogue of the Dixmier conjecture. More precisely, we exhibit quantum analogues of A1(C) that we obtain as primitive quotients of the positive part U + q (so5) of the quantized enveloping algebra Uq(so5). It appears that some of these quotients belong to the family of (quantum) generalized Weyl algebras (GWA for short) introduced by Bavula about twenty years ago. In this talk, I will give a full classification of endomorphisms of quantum GWAs over a Laurent polynomial ring. In the case where these algebras are simple, our classification shows that every endomorphism is an automorphism. This result applies in particular to certain quantizations of the first Weyl algebra obtained as primitive quotients of U + q (so5). This is based on joint work with Andrew Kitchin.
